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5. M£00o01 avayvapLong — EKTALogLoN
YOPLS EMOTTY

To mpoPAnua Tov TPOGHOPICUOD TV CLYKEVIPDOGE®V TOV TPOTHTWV, GTAV
dev elval yvootd to mANB0G TOUG Kol M TOVTOTNTO TOV TPOTOHT®V, £ivol
O0OKOAO KOl YL TNV ADON TOL TPOTEIVOVTOL €VOLHPEPOVGES OAAGL KOl
TOAVTAOKEG TEXVIKEG. H pétpnon moAA®V YopaKTNPIoTIK®OV KOl 1 TOWKIAMA TV
TPOTUTTOV €ival Pacikol mapdyoviec mov emtteivovv v SVOKOAIDL TOL
npoPAnuatoc. AkoroOBwg 0o mapovcidcovpe Tpelc neBOdOVG ekmaidgvomng
yopig endmtn. Or 000 mpdteg eivon amAég OdIKOGIEC TOV UTOPOVV Vo
dpoporoynBodv ywo v emihvon omAodv TPoPANUATOV HKpoL peyEBovg
dedopévov. H tpitn elvon pia woyvpn pébodog mov Paciletar oty Asttovpyio
evog vevpmvikol otktvov. H devtepn kot tpitn uébodog divouv v dvvatodotnta
EMONTEIOG O TOAVIAGTOTOVS YMPOVSG TOL T OAVOATOPACTACT] TOLG GE £vol

oot aEOveV elval avEPLKT.

5.1. IIp0oGo10PLoNOS TMV GUYKEVIPOGEW®Y UE TNV

né0od0 MAXIMIN

[Mpoxerton  yioo pio péBodo mpocdiopiopod Tov TANOBOVLE Kol  TOV
TEPLEYOUEVOD TMV CLYKEVIPOGE®V T®V TPOTOHT®V, €movopalopevn néBodog
MAXIMIN xon Baciletor oTnv ¥poN TOV OTOGTAGE®V UETOED TOV TPOTLTMV.
H pnébodog éxer og e€nge:

Bewpovpe K (KeN) to minbog tov mpotonwv 11, k=1,...,K, tov cuvdériov
exmoaidevong S kot X, tov mivako tov mpotvmov .. Oswpodue tov peTpn
KAdoewv t (teN) pe apyn tiun éva (t=1).

Bruoa 1°: Emidéyovpe éva toyoio Tpdtumo I, =T (z=1,....K) kot pe avto

opilovpe TV TPOTN KAACT OF®].
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Brjua 2°:

Bruo 3°:

Brua 4°:

Bruo 5%

Anovpyodue 10 cVvoro D T®V amocTdcE®V T®V TPOTOHTWV TOL

S amd to IT,
(5.1.1) D, = {Jxrl —XK‘/HK ES}

Bpiokovpe to mpdtvmo Il (1=1.....,K) mov améyer mv péyom

omoctacn My oo to T1, .

(5.1.2) 15 =max(D;)

(513) Dl = :max(Dl)

X1, —Xg,
Avéavoupe 1o t katd éva ko opilovpe Vv KAdon ®; pe oTotElo

0 I, o =11, |

Ta&wvopovpe kabe Il € S otig 1aéeig w;, I=1,...,t pe to kprrplo
™G eAdyomg amdctacns. Anuovpyodue 1o ocbvora D; tov

OMOGTAGEMY TOV TPOTOTOV KGBE KAGonNg w; and To TpoTvmo I,
OV OP1oE TNV KAAON.

(5.14) D ={x, ~x,[/I, co,i=1,..K]
Bpiokovpe v péyiomm oamdotoon M, petaEd OGAwv TV

anootdcemv t@v D; kou to avtictoryo mpotvmo Il 10 omoio

ovopaCovpe Iy .

(5.1.5) 74y =max| | JD;
K

(5.1.6) M, =max| | JD;

Av My My £ p << 1, 6mov p Betikdg mpoxkabopiopévog aptOudg
ONUOVTIKE LUKPOTEPOG TNG LOVADAGS, 1 O101KAGT0 GTAUATAEL KO TO
mmbog tov ouddwv eivar o aplBudg t. AAMmdG cvveyileton

emavoAnTTKd omd o Prna 3.
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[HAPAAEIT'MA I'TA THN MEGOAO MAXIMIN

Aivovtol o1 TopaKATO TIVAKESG TPOTOTTOV:
(5.1.7) x1=[10, 8", %, =[9, 71", xs = [1, 10]", x4 = [2, 8], x5 = [4, 1T,
x5 =[8,9]'

210 p otvetar 1 tun 0.4 (p=0.4) mpog yaptv TOV TOPASEIYLATOS OLOTL OTIC
TPOYUATIKEG EQAPLOYES (PN OLLOTOIEITAL LIKPOTEPT TIUT. [0t amhovoTELON TG
ddikaciag vroroyiCovue O6Aeg Tic amootdoelg (m.y. Evkieideiec) dg, kA €
{1,2,3,4,5,6,} peta&d tov mpotimev. Agdopévov Ot dyg, - dy, kot d, =0 mpémer
va vroAoyicovpe yia tAn0og mpotimwv K = 6, K(K-1)/2=15 amooctdoelg. Ot

TIWEG TV amootdoewv divovton amd tov ITiv. 5.1-1:

d12=\/5: d13=\/§
[ (10-9)*+(8-7)*1"?

dis- \/g die- \/g
dp3- \/ﬁ dos- ds- \/5 doe- \/g
d3s=+/5 d35=4/90  d36=+/50

[@N
ﬁ é‘z
3 N\

dis=/53  das=+/37
ds6-+/80

[Tivaxoag 5.1-1

e To mAnBog mpotimwv K=6 kot 0 petpng cvykevipacemv t=1.
e Emiiéyovpue tuyaia to mpotumo Iy, dpa 11=4 kot o;={I14}.

. Dl={d41ad4zad43,d44,d45,d46}={\/a,@,\/g,O,\/g,\/ﬁ}

M;_max (D;)= /64=38, Gpa 1, = 1.

o t=2,m,= {II;}.
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e Ola ta TpoOTLTTA TAEIVOUOVVTOL GTIG KAAGELS M, M, KE PACT TO KPLTHPLO TNG

eMdyiotng amdotaong and ta I, ko [T T dtevkdAvven onpiovpyovpe Tov

akOlov0o mivaka.

H4€(1)1

50

NG

37

H]E(Dz

V2

\85

Vs

HzE(Dz

H3E(D1

H5€(01

H6€ (Q))

[Tivaxoag 5.1-2

Apa o ={I1;, Ty, I1s}, c,={I1;, I, I}

M) = max({dgs.dys U {d 1. di )= max{V5, V53,8 2,V5,f= 53 = dys =13 =5

o My/M, = \/53/.J64 > p kot cuveyilovpe omod To frpa 3.

o t=3, o3 =11, [={l5}

e Ta mpdtuma tafvopovviar oTIC KAGCES ), M, O3 OTMG QAiveETAl GTOV

okOAov0o mivaka.

11,

115

e

H4€0)1

J50

V5

37

H]G(Dz

V2

V85

V5

H5€(,03

J61

V90

V80

Hze (OV))

H3EO)1

Hée (V)

[Tivaxag 5.1-3

Ot KAdoglg dtopopedvovTot g eENg:

o ={115, IL}, 0,={I1;, I, Ils}, w3={I1s}.
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M; = max({d43 }U {d129 dm}U Q) = max({\/a V2, \/g}): V5 = dy=d

Gpat, =316.

o M3/M,=./5//53=0.307<p ovvOAkn mov odnyel o©TOV TEPUATIOUO 1TNG
dlod1kaciog Kol 6TO AMOTEAEGLA TOV TPUOV KAAGE®V ], M, ,®3. XT0 XY. S5.1-
-1 amewoviCovtor ta GKpO TGOV OVUGUATOV TOV TPOTOTWV, O ONTIKOG
TPOGOOPIGUOS TOV GUYKEVIPMOEMY GUUPMVEL HE TO OMOTEAECUOTO TNG

dlaokaoiag.

L)

Zympa 5.1-1

5.2. Amgikovion aAvciong

H ormeixovion oaivoidog (chain map) eivalr pio péBodog mov mapéyel v
EMOTTEINL TNG KATOVOUNG TOV TPOTVTIMV GE TOALIIAGTOTOVG YDPOVG Kol UTopel
va ypnooromBel yuoo v gdpeon tov TANOOLG KO TOL TEPIEYOUEVODL TOV
CLYKEVIPMOGE®Y TOVG. ZUUP®VO UE OVTNV ONUIOVPYOVHE Uio. KOTOVOUN TNG
andotoong kdBe TPOTUTOL HE TO  YEITOVIKOTEPO TOV. XZVYKEKPLUEVOL
dlatpéyovpe OA To TPATLTO EEKIVAOVTOS 0O KATO10 TVYaio petafaivovioag oto
YELTOVIKOTEPO TOL EENPOVUEVOL TOV TPONYOLUEVOL TOV. BOgmpovpe &vav
delktn 1, 1 €N, mov apBuel 11¢ peraPdoelg amd mwpdTLO GE TPOTLTO
av&avoprevog KaTd Eval EEKIVOVTOG LE apyIKN TN TNV HOVASO TOV aVTIGTOLYEL
GTNV OmOCTACT] TOV OPYLKOD TLYOIOL TPOTVTOL HE TO YELTOVIKOTEPO TOUL.

Anuovpyodpe v akolovdia o; TOV amocTAGEWV TOV TPOTLT®V. O1 KOPLPEG
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MG KOTAVOUNG Tov TePypaeel 1 axoiovdia o;, dwywpilovv 0 6hHVOrO TV

TPOTLTTMOV GE LTOGLVOAL TTOV KABOPILOLV TIC CLYKEVIPMGELS TOVC.

ITAPAAEII'MA

‘Eoto ta ntpoTLTRTOL
X =[10, 81, x, = [9, 71", x5 = [1, 101", x4 = [2, 8]", x5 = [4, 11", xs = [8, 9]'
TOV YPNCUYLOTOCALE KOl 6TO Tapddetypa g pebosov MAXIMIN.

o EmAéyovpe toyaio to mpoétumo Il kot Bétovpe i=1. Ymoloyilovpe Tig
OMOCTACE, T®MV VTOAOIm®V mpotumev (divovtor otov Iliv. 1) xou
vroloyilovpe TNV IKPOTEPT] TOVG.
min{d41’d42’ d43, d45, das} = min{\/6_4, \/%\/g\/g\/ﬁ }= \/gz 03]

apa yeipovikotepo tov 114 elvon to mpotvmo I1s.

e  Ymoloyilovpe TG OMOGTAGELS TV TPOTOHTTOV ANV Tov 11y amd to 113 ko

Bpickovpe TV LIKPOTEPT TOVG

min{ ds; dsp dss d3} = {\/g, \/ﬁ, \/%\/5} = \/5 =0

kot petafaivoope oto Ilg.

o min{de de>, des} = {/5, /5, 32} =5 =03

Kot petafaivoops oto I1,.

min{d,;, dos} = {2, 61} =2 =4

Ko petafaivoope oto I,
dis = /85 = as.
dss = \/% = O.

Ot Tipég g axoAovbiag a;, 1=1,...,6 paivovtol oto Xy.5.2-1.
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O vymAiég Tég opilovv T1g opades YOUNADV TILOV o) dg3, B) dep, day. ATO TV
DTN cvpmopévetal 0t o ={I1s, 14}, and v devtepn w,={I1;, IL,, IT;}. To

anopevov Ils € ws.

[
o

O FRP, NWbH OO oo N ©O©

Ldg 2 ds 3 dea 4dy, Sds 6dsy

Zynpo 5.2-1
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